We describe an on-chip test generation scheme for synchronous sequential circuits that allows at-speed testing of such circuits. The proposed scheme is based on loading of (short) input sequences into an on-chip memory, and expansion of these sequences on-chip into test sequences. Complete coverage of modeled faults is achieved by basing the selection of the loaded sequences on a deterministic test sequence To, and ensuring that every fault detected by To is detected by the expanded version of at least one loaded sequence. Experimental results presented for benchmark circuits show that the length of the sequence that needs to be stored at any time is on the average 10% of the length of To, and that the total length of all the loaded sequences is on the average 46% of the length of To.
Introduction
On-chip generation of test sequences for synchronous sequential circuits allows at-speed test application under the normal operation conditions of the circuit. Under such a test application scheme, test sequences are applied to the primary inputs of the circuit at-speed. The flip-flops are driven by the combinational logic of the circuit and clocked at-speed in the same way as during the normal operation of the circuit. At-speed testing is important in detecting defects that affect the timing behavior of a circuit [l] , [2] . As the accuracy of automatic test equipment (ATE) falls behind clock speeds of VLSI chips, on-chip generation and application of at-speed tests becomes an important alternative to ATE-based test application. Permission to make digital or hard copies of all or part of this work for personal or classroom use is granted without fee provided that copies are not made or distributed for profit or commercial advantage and that copies bear this notice and the full citation on the first page. To copy otherwise, to rrpublish, to post on servers or to redistribute to lists, requires prior specific permission and/or a fee.
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On-chip generation of test sequences for synchronous sequential circuits without modifying the circuit flip-flops was considered in [3] and [4] . In [3] , test sequences produced by an LFSR were modified by holding certain input vectors (i.e., by applying them repeatedly) for several time units. This was shown to improve the coverage of stuck-at faults achieved by the resulting test sequence compared to the test sequence produced by an LFSR without the hold option. In [4] , special hardware was designed to generate test sequences that achieve high coverage of stuck-at faults. Both techniques rely solely on on-chip generation of test sequences. However, in both techniques, it is not guaranteed that all the detectable stuck-at faults would be detected.
To achieve the goal of detecting every detectable fault, it is possible to load a test sequence that was generated off-chip (i.e., load a test sequence that was generated by a test generation procedure) into an on-chip memory, and then apply it to the circuit at-speed. This approach guarantees that every stuck-at fault detectable by an off-chip test generation procedure would be detected by the on-chip sequence. However, the resulting storage requirements may be unacceptably high, and the time to load the test sequence into the on-chip memory may also be high. Partitioning of the test sequence into subsequences and loading each subsequence separately may reduce the on-chip memory requirements; however, the total loading time of the subsequences remains the same as the loading time of the unpartitioned sequence. In addition, the length of each subsequence may be high, either because of the requirement that the subsequences would together yield the same fault coverage as the unpartitioned sequence, or because of the desirability of using fewer load cycles. Thus, again, we may have large on-chip storage requirements. Other methods to generate test sequences on-chip use encoding of a sequence to reduce memory requirements [5] . However, decoding the sequence typically precludes at-speed test application. Furthermore, encoding can be used t o reduce the memory requirements of the scheme proposed here if the requirement for at-speed testing can be relaxed.
In this work, we propose an on-chip test generation scheme that combines the advantages of approaches such as [3] and [4] with the advantages of storing test sequences on-chip.
Under the proposed approach, short input sequences are loaded and stored in an on-chip memory. Each input sequence is then expanded on-chip into a test sequence. Together, the expanded test sequences achieve the same fault coverage achieved by a given test sequence that was generated off-chip. Next, we describe the proposed scheme and its relationship to existing approaches in more detail.
It sequence, complementation of the complete sequence, reversal of the complete sequence, and so on. As part of our study, we propose a procedure for deriving a set of sequences Z to which these functions are applied. We define a set Cmp that includes the sequences of Z after the selected functions are applied to them. For every sequence S E Z, Zap contains the expanded version S, of S obtained after applying the proposed functions to S.
Each sequence in Zap is applied assuming that the circuit starts from an unknown state. Thus, the sequences in Em,, are independent of each other.
computed here is that the fault coverage achieved by the sequences in Cup is the same or higher than the fault coverage that can be achieved by an offchip test sequence. To guarantee this property, the set Z is derived based on a test sequence To that was generated off-chip and achieves the desired fault coverage. In our implementation, Z consists of selected subsequences of To. Since Cexp, and not Z, is applied to the circuit in order to test it, the total length of all the sequences included in C may be lower than the length of To.
The difference in length between
To and Z may sometimes be significant. This situation is illustrated by Figure 1 . In the figure, three sequences, SI, S2 and S3, are derived from a test sequence
To. An expanded version of Si, Si,u, is applied to the circuit for i = 1,2,3. In this case, the total length of SI, S2 and S3 is smaller than the length of To. This reduction in length is possible because of the use of expanded sequences during test application. Another important consequence of the use of expanded sequences is that the maximum length of any sequence in Z can be kept relatively low. This helps reduce the on-chip memory needed to store a subsequence. The following test application scheme is implied by the discussion above. Each sequence in Z is loaded into an on-chip memory at the tester speed. After each sequence S E C is loaded, its expanded sequence S , is produced on-chip and applied to the circuit at-speed. In this scheme, the size of the memory need only be large enough to hold the longest sequence contained in C. There is no need to hold the circuit state during the loading of a sequence, since the sequences are computed under the assumption that the circuit state is unknown before the application of each expanded sequence. The memory used for storing the loaded sequences may be a memory that already exists on the chip, or a memory added for test application.
Compared to the methods of and [4], the proposed method guarantees the coverage of all the faults detected by an off-chip test sequence To. Compared to loading of the test sequence To and then applying it at-speed, the proposed method loads only some of the vectors included in To.
In addition, at any given time, the proposed method needs only a relatively small number of vectors out of To. Consequently, the proposed method results in reduced loading time, and reduced memory requirements. Another advantage of the proposed test generation scheme is that it applies at-speed a number of test vectors that is larger than the number of vectors in To. Consequently, it potentially achieves better coverage of defects that affect circuit delays. Compared to schemes that partition the test sequence To and load each subsequence separately, the proposed procedure has the following advantages. (1) The total length of the sequences loaded by the proposed method is shorter than To. whereas partitioning includes every test vector of To in at least one loaded subsequence. (2) The maximum subsequence length when partitioning is used may be high due to the need to achieve the same fault coverage as To. Compared to methods that use encoding of off-chip test sequences, the proposed method allows at-speed testing of the circuit.
The proposed test application scheme is general purpose, and can be matched to any circuit. It is only necessary to adjust the size of the memory to the length of the longest sequence in C and to the number of circuit primary inputs. The structure of the hardware required to manipulate the test sequences is independent of the circuit.
The proposed method deals with the application of test sequences. As for the output response of the circuit-under-test, it is possible to use output response compression, and compare the compressed response of the circuit with a precomputed signature of the fault free circuit. Care must be taken to synchronize the circuit before the application of every test sequence to avoid unknown values during the computation of the signature.
The paper is organized as follows. In Section 2 we define sequence manipulations that can be easily implemented in hardware or software, and can potentially increase the fault coverage achieved by a given sequence. In Section 3 we describe a procedure for selecting a set of sequences I; based on a given test sequence To. With the manipulations defined in Section 2, Zev achieves the same fault coverage as To. In Section 4 we present experimental results and compare the size of C. with the length of To. Section 5 concludes the paper.
Sequence manipulations sgp

SZP
In this section, we introduce several operations that allow us to obtain an expanded sequence S, from a given sequence S. We also discuss their hardware implementation. We assume that S is stored in an on-chip memory, and that Sap is applied to the circuit by using a counter (the memory address counter) that goes through the memory addresses in consecutive order. Additional hardware is needed depending on the required operation. Repetition: The expanded sequence S" is obtained from S by repeating n times the sequence S. For example, for the sequence S = (000, l l l ) , we obtain S2 = (000, 111, 000, ill), S3 = (000, 111, 000, 111, 000, l l l ) , and so on. Repetition can be implemented by adding a counter which is incremented by one every time the memory address counter reaches zero after going through all the memory addresses. , we obtain rS = (111,001, 000). Reversal can be implemented by using an upldown counter in the down mode as the memory address counter to go through the memory addresses.
The expanded test sequence:
We combine all the operations above to obtain from S an expanded test sequence S, as follows. We repeat n times the sequence S to obtain SLp = S". We complement S&, to obtain S z p = S" . (here, . stands for concatenation). We then repeat this sequence, this time shifting it, to obtain = S g p . S g p << 1. Finally, we reverse Szp to obtain S , = Szp. rS&. For example, starting from the sequence S shown in Table 1 and using n = 2, we obtain Skp, S g p , Szp and finally Sap as shown in Table 1 . A simple finite-state machine can be used to control the application of S , . 
Sequence selection
The selection of the set of sequences Z to be expanded on-chip is based on a given test sequence To that achieves the target fault coverage for the circuit. Our goal is to construct Z such that the set of expanded sequences Cexp derived from the sequences in Z would achieve the same fault coverage as To. In this section, we describe the selection of Z. We first describe the basic procedure in Subsection 3.1. We then describe a postprocessing procedure to reduce the size of Z in Subsection 3.2. 
The basic procedure
Initially, we set C = 4. Subsequences for yet-undetected faults are extracted from To and added to C, until the set of expanded sequences Cap detects all the faults detected by To. A subsequence S added to C to detect a target fault f is not required to detect f, but rather, the expanded sequence S , obtained from S is required to detect f. The sequence S is selected such that it is as short as possible, yet satisfies this condition. The overall structure of the procedure for constructing Z is given as Procedure 1 below and described next. The given test sequence To is first simulated. The set of faults detected by To is denoted by F. For every fault f E F, the first time unit where f is detected is denoted by uder( f ). The set Fmrg contains all the faults in F which are not yet detected by the expanded versions of the sequences in C. Initially, C = 4, and F , = F. In each iteration of Procedure 1, a fault f E F , is considered. A sequence S is constructed based on f by calling Procedure 2 (described below). Procedure 2 constructs S such that its expanded version S , detects f. The sequence S is added to Z. Thus, in each iteration of Procedure 1, at least one additional fault is detected, and the procedure is guaranteed to terminate with a set of sequences C such that E , , detects every fault in F.
The fault f selected for the construction of the next test sequence S is the one with the highest detection time uder( f) of all the faults in Ffmg. The reason for this choice is that faults with higher detection times tend to be more difficult to detect, and test sequences that detect them tend to be longer, and tend to detect a larger number of additional faults. Procedure 1: The overall sequence selection procedure
Simulate To to find the set of detected faults F. For every f E F, store in uhl(f) the first time uqit where f is detected. Set Flmg = F. Set Z = 4.
( 2 ) Let udef,-=max (u&,(f): f E Flmg). Select a fault f E F , such that udel( f ) = u~~,~. (3) Call Procedure 2 below to construct a sequence S based on f. AddStoZ.
(4)
Simulate the faults in Fla,g under the expanded version Sap of S. Drop from F , every fault which is detected by (5) If F , # 4, go to
Step 2.
Next, we describe Procedure 2 that constructs a sequence S for a given fault f. The procedure is given below. The procedure is demonstrated by considering ISCAS-89 benchmark circuit s27 under the test sequence shown in Table 2 , and using n = 1 repetitions to obtain expanded test sequences. In Table 2, we show for every time unit u the vector TO [u] at time unit u of To, and the faults detected at time unit U (the faults with udl( f) = U ) . We consider the fault f l o with uhr( fro) = 9. This is the highest detection time of any fault, making f l o the first fault selected by Procedure 1.
We use the following notation. f is detected by To[ul, U,] assuming that both the fault free and the faulty circuits are in the all-unspecified states before the subsequence is applied. corresponding to us,orr = 7 , and so on. For every sequence T' , we compute TLp and simulate it. For illustration, the sequence TAp obtained for uSlarl = 9 is (1011, 0100, 0111, 1000, 1000, 0111, 0100, 1011). The first value of U,,, for which TAp detects flo is uSlwr = 6 with T'= T0[6,9] = (1001,0000,0000, 1011).
Once T' is found, we further reduce its length by omitting test vectors from it. The test vector at time unit U of T', denoted We renumber the test vectors of T' by 0, 1 and 2. Omitting the test vector at time unit 1 of T', we obtain T'= (1001, 1011). The sequence TLp corresponding to this sequence does not detect flo, and we restore the omitted vector to obtain T'= (1001, 0000, 1011) . Omitting the test vector at time unit 2 of T', we obtain T'= (1001, 0000). The sequence TAp corresponding to this sequence detects fio, and the omission is accepted. We renumber the test vectors of T'= (1001, 0000) by 0 and 1. Omitting the test vector at time unit 1 of T', we obtain T'= (1001). The sequence T&, does not detect fio, and we restore the omitted vector to obtain T'= (1001, 0000). Omitting the test vector at time unit 0 of T' , we obtain T' = (0000). The sequence TLp does not detect fro, and we restore the omitted vector to obtain T'= (1001, 0000). We have now considered both test vectors of T' and no additional omissions were possible. Therefore, the procedure terminates with T'= (1001, 0000). Procedure 2 is given next.
Procedure 2: Finding the xquence T' for a fault f Randomly select a time unit U E U. Remove U from U. Table 2 , the undetected fault with the highest detection time by To is fis, with ~h r ( f i 3 ) = 5. The next sequence is selected based on f i 3 . We find that T'= T0 [3, 5] = (1001, 0100, 1011) has the highest value of uSlarf for which TAp detects fi3. After omission of test vectors, we obtain T' = (1001). Simulating the sequence TLp for T'= (lOOl), we find that one additional fault, fi3, is detected.
The next sequence is computed based on fig, and it detects the remaining five faults.
Set USIarf = U&I(f). In this subsection, we consider the possibility of reducing the number of sequences in the set Z constructed by Procedure 1.
Postprocessing
The sequences in I: are simulated when they are first generated, and the faults they detect are dropped from the set of target faults. As with other test generation procedures, it is possible that all the faults detected by the expanded version of a sequence Si would be detected by the expanded versions of sequences Si+l, Si+z, ..., added to Z after Si was already added. In this case, Si can be eliminated from Z.
We identify sequences Si that can be eliminated from Z by simulating the sequences in several different orders. In each simulation pass, we start from the set of all target faults, and drop the faults detected by each expanded sequence when it is simulated. An expanded sequence Si,af that detects no faults when it is simulated causes its sequence Si to be omitted from Z.
The sequences are simulated in the following orders. Since the longer sequences are expected to detect more faults, it is likely that we can find shorter sequences that are not necessary. This simulation step will drop such sequences. Third, we simulate the sequences in the reverse order of generation. This helps drop sequences that become unnecessary after additional sequences are added to Z. Finally, we simulate the sequences by decreasing number of the faults they detected during the previous simulation pass. The motivation for this step is that sequences that detect a small number of faults are likely to be identified as unnecessary if they are simulated at the end. We refer to this four step process as static compaction of I:.
Experimental results
We applied Procedure 1 followed by static compaction of the set I: to ISCAS-89 benchmark circuits. The test sequences used as
To in the construction of Z are the ones generated by STRATE-GATE [ 111 and compacted by the static compaction procedure of [12] . In four separate experiments, we used n = 2, 4, 8 and 16
repetitions to obtain Zap. For each circuit, we report the results obtained using the best value of n. The best value of n is the one that results in the smallest maximum sequence length of any sequence in Z, and the smallest total length of all the sequences in Z, at the lowest run time (in this order). The results are reported in Additional information is shown in Table 5 . We include in Table 5 the original sequence length, the number of repetitions n, and the number of sequences in Z. The total length of the sequences in Z is shown next, followed by the ratio of the total length to the length of the original sequence To. 'Ibe maximum length of any sequence in Z is shown next, followed by the ratio of the maximum length to the length of To. In the last column of Table 5 , we show the total length of the sequences in &, . This is the total length of all the test sequences applied to the circuit.
For n repetitions, a sequence S of length L is expanded into a sequence of length 8nL (the sequence is repeated n times, then duplicated three times by complementing it, shifting it, and reversing it). Thus, if the total length of the sequences in Z is A, the total length of the sequences in LeXp is 8nA. This is the value shown in the last column of Table 5 . In the last TOW of Table 5 , we show the average ratios of the total and maximum lengths to the original sequence length. It can be seen that on the average, the proposed scheme requires loading of less than half the number of vectors included in To. In addition, the length of the sequence that needs to be stored at any given time is a tenth of the length of To. Nevertheless, the fault coverage achieved is the same as the fault coverage achieved by To, due to the use of expanded sequences.
Concluding remarks
We selected a function that can be used to expand a given sequence S into a longer sequence. The function consisted of repetition of S, complementation of S, shifting of the vectors included in S, and reversal of the test vectors in S. We then described a procedure to solve the following problem. Given a test sequence To, find a set of subsequences Z such that the expanded versions of the sequences in Z achieve the same fault coverage as To, and the maximum length of any sequence in Z is as small as possible. The proposed procedure was applied to atspeed, on-chip test generation for synchronous sequential circuits. Under the proposed scheme, the sequences in Z are loaded into a memory on-chip, expanded into test sequences on-chip, and applied to the circuit-under-test at-speed. We presented experimental results to support the effectiveness of such a scheme in achieving complete fault coverage for synchronous sequential circuits. The results showed that the total length of the sequences in Z is shorter than the given test sequence To. This implies a reduction in loading time compared to loading of To. In addition, the maximum length of any sequence in Z was small compared to To. This implies a reduction in the memory requirements compared to storage of To.
